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Abstract. This paper presents a practice-oriented study of random variables and their
distribution functions with an emphasis on applied problem solving. The work focuses on
translating theoretical probability concepts into structured analytical tasks that develop statistical
thinking and modeling skills. Discrete and continuous random variables are examined through
practical exercises involving probability mass functions, probability density functions,
cumulative distribution functions, and key numerical characteristics such as expectation,
variance, and standard deviation. Special attention is given to interpreting distribution behavior,
selecting appropriate models for real-world situations, and verifying results through logical
consistency and mathematical justification. The study also demonstrates how distribution
functions serve as a unifying framework for comparing different probabilistic models and
supporting data-driven decision making. By combining theoretical rigor with systematic practical
tasks, the paper aims to strengthen methodological understanding and improve the ability to
apply probability tools in academic and applied contexts. The results highlight the pedagogical
value of problem-based practice in mastering stochastic concepts and forming a solid foundation
for further study in statistics, data analysis, and quantitative research.
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AHHOTanusi. B nmaHHOW paboTe NpEACTaBICHO IMPAKTUKO-OPUEHTUPOBAHHOE HCCIICIOBAHUE
CIIyYaifHBIX BEJIMYUH M MX (QYHKIMA pacIpelesieHUs C aKIEHTOM Ha PEIICHUE MPHUKIAIHBIX
3ana4. OCHOBHOE BHHMMaHHUE YAENSETCS TpaHCcPOopMaIMi TEOPETHUYECKHUX IOJIOKEHHH TEOpHH
BEPOSATHOCTEN B CHCTEMY CTPYKTYPUPOBAHHBIX MPAKTUYECKUX 3aaHUM, HAIpPABICHHBIX Ha
pa3BUTHE CTAaTUCTHUYECKOIO MBIIUICHUS M HaBBIKOB MoJielupoBaHus. PaccmarpuBaroTcs
JTUCKPETHBIE W HENPEPBIBHBIC CIIyYallHbIC BEIMYMHBI HA OCHOBE aHaW3a (PYHKIIHMA
pacripefieieHusi BEpOSATHOCTEW, IUIOTHOCTEH paclpeneieHus] W HHTErpaibHBIX (QYHKIIHIA
pacnpenesieHus, a TaKKe KIFOYEBBIX YHCIIOBBIX XapAaKTEPUCTHK, BKJIIOYAS MATEMATHYECKOE
OKHMJIaHHWE, TUCIEPCHI0 W CPEIHEKBaIpaTHYHOE OTKJIOHEHHE. Oco0oe 3HA4YeHHE NPUIAeTCs
WHTEPIIPETAIMA ITOBEACHHSI PACIIPEICIICHHI, BHIOOPY a/IEKBATHBIX BEPOSTHOCTHBIX MOJEICH s
ONMUCaHUs PEAbHBIX MPOLECCOB U MPOBEPKE MOITYYEHHBIX PE3YJIbTATOB C MO3UIMI JIOTUUECKOU
U MaTeMaTHYeCKOH 000CHOBaHHOCTH. [lokazaHo, 4TO (YHKIUHM pPACIPEACICHUS BBICTYNAIOT
YHUBEPCAJIbHBIM MHCTPYMEHTOM CPaBHUTEIBHOIO aHAJIM3a BEPOATHOCTHBIX MOJIEIEH U CIIyKaT
METO/IOJIOTUYECKOM OCHOBOM [IJIsi TPUHATHSA pEIIeHWH Ha OCHOBe mJaHHBIX. CoueraHue
TEOPETUYECKOH CTPOrOCTH M CHCTEMBbI MPAKTUYECKUX 3aJaHUN CHOCOOCTBYET YIIyOJIEHHUIO
MOHUMAHUS CTOXACTUYCCKUX TOHATHH W (DOPMHPOBAHUIO YCTOWYHMBBIX KOMITCTCHIIHIH,
HEOOXOJUMBIX JUIS JalbHEHIIUX MCCIEAOBAaHMH B 00JIAaCTHM CTAaTHCTHKHM, aHajlM3a IaHHBIX U
KOJIMYECTBEHHBIX METOIOB.
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KawueBble cjoBa: CiyuaiiHas BETMYMHA; pACIpEACICHHE BEPOSTHOCTEH; (YHKIHA
pacnpesieneHus; WHTEerpalibHass (YHKOUS paclpelesieHHs; AMCKPETHOE —paclpeelieHHE;
HETIPEPBIBHOE  pacIpefesiCcHHe; MaTeMaTH4ecKoe OKHIAHWe; JHUCIEPCHS; BEPOSTHOCTHOE
MOZETTMPOBAHKE; TIPUKIIATHBIC 33/1a41 TEOPUH BEPOSITHOCTEH.

Annotatsiya. Mazkur ishda tasodifiy miqdorlar va ularning tagsimot funksiyalariga
bag‘ishlangan amaliy yo‘naltirilgan tadqiqot bayon etilgan bo‘lib, asosiy e’tibor amaliy
masalalarni yechish jarayoniga qaratilgan. Tadqiqotda ehtimollar nazariyasining nazariy
qoidalarini statistik tafakkur va modellashtirish ko‘nikmalarini rivojlantirishga xizmat qiluvchi
tizimli amaliy topshiriglarga tatbiq etish masalalari yoritilgan. Diskret va uzluksiz tasodifiy
miqdorlar ehtimollik tagsimoti funksiyalari, zichlik funksiyalari hamda integral tagsimot
funksiyalari asosida tahlil qilinadi, shuningdek matematik kutilma, dispersiya va o‘rtacha
kvadratik chetlanish kabi asosiy sonli xarakteristikalar ko‘rib chiqiladi. Taqsimotlarning xatti-
harakatini izohlash, real jarayonlarni ifodalash uchun mos ehtimollik modellarini tanlash hamda
olingan natijalarni mantiqiy va matematik jihatdan asoslashga alohida e’tibor qaratilgan.
Tadqiqot natijalari tagsimot funksiyalari turli ehtimollik modellarini qiyosiy tahlil qilishda
universal vosita sifatida xizmat qilishini hamda ma’lumotlarga asoslangan qarorlar qabul qilishda
metodologik asos bo‘lishini ko‘rsatadi. Nazariy aniqlik va amaliy topshiriglar uyg‘unligi statistik
tushunchalarni chuqur o‘zlashtirish hamda kelgusida statistika, ma’lumotlar tahlili va miqdoriy
tadgiqotlar sohasida samarali faoliyat yuritish uchun zarur bo‘lgan bilim va ko‘nikmalarni
shakllantirishga xizmat qiladi.

Kalit so‘zlar: Tasodifiy miqdor; ehtimollik tagsimoti; tagsimot funksiyasi; integral tagsimot
funksiyasi; diskret tagsimot; uzluksiz tagsimot; matematik kutilma; dispersiya; ehtimollik
modellashtirish; amaliy ehtimollar masalalari.

Introduction. The study of random variables and their distribution functions occupies a
central position in modern probability theory and statistical analysis. Random variables serve as
the primary mathematical representation of uncertain phenomena, translating real-world
variability into quantifiable constructs. Their distribution functions, in turn, provide
comprehensive descriptions of probabilistic behavior, offering insights into likelihoods, expected
outcomes, and variability patterns. In both theoretical research and applied practice,
understanding these distributions is essential for modeling stochastic processes, evaluating risks,
and making informed decisions based on empirical data. In educational and research contexts,
bridging the gap between abstract definitions and practical application remains a persistent
challenge. Students and practitioners frequently encounter difficulties when attempting to relate
probability laws to tangible examples, particularly in the context of discrete and continuous
variables. The present work addresses this challenge by emphasizing problem-based exercises
that illustrate the mechanisms of probability distribution functions, including probability mass
functions, probability density functions, and cumulative distribution functions. These tasks
encourage learners to analyze, interpret, and compare distributions systematically, fostering a
deeper comprehension of fundamental probabilistic principles. Furthermore, this paper explores
the role of numerical characteristics such as expectation, variance, and standard deviation in
summarizing and contrasting distributions. By integrating theoretical rigor with structured
practical exercises, the study aims to cultivate both conceptual understanding and applied
competence. The approach demonstrates how distribution functions act as a unifying framework
for comparing probabilistic models and predicting outcomes in diverse real-world scenarios,
from scientific research to data-driven decision-making. Ultimately, this work contributes to the
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development of robust analytical skills, preparing researchers and students to engage effectively
with stochastic phenomena and to extend their investigations into advanced topics in probability,
statistics, and quantitative modeling.

Main Body. Random variables are fundamental constructs in probability theory, serving as
mathematical representations of uncertain or random phenomena. They allow researchers to
quantify the inherent variability of events and to model outcomes systematically. A random
variable can be discrete, taking values from a countable set, or continuous, taking values from an
uncountable interval. The distinction between these two types is crucial because it determines the
methods used for analysis and the type of distribution function applied. Discrete random
variables are often represented by probability mass functions (PMFs), which assign a probability
to each possible value, whereas continuous random variables are characterized by probability
density functions (PDFs), describing the relative likelihood of different outcomes within a
continuum. Understanding distribution functions is essential for interpreting and predicting
random phenomena. The cumulative distribution function (CDF) provides the probability that a
random variable takes a value less than or equal to a given point, offering a unified approach to
both discrete and continuous cases. In practical terms, the CDF is particularly useful for
comparing distributions, determining percentile ranks, and calculating probabilities of compound
events. For instance, in risk assessment or quality control, evaluating the likelihood that a
variable exceeds a threshold informs decision-making and supports predictive modeling. The
integration of PMFs, PDFs, and CDFs in applied exercises enables learners and researchers to
connect abstract theory to concrete analysis, promoting analytical rigor and conceptual clarity.
Key numerical characteristics of random variables, including expectation, variance, and standard
deviation, further enhance our understanding of probabilistic behavior. The expected value
represents the long-run average outcome of repeated observations, providing a central tendency
measure. Variance quantifies the dispersion of values around the mean, while the standard
deviation, as the square root of variance, offers an interpretable measure of variability in the
same units as the variable. These characteristics are indispensable in comparing distributions,
evaluating model adequacy, and summarizing complex datasets. In applied contexts, they inform
decision-making in fields such as finance, engineering, and scientific research, where stochastic
modeling underpins forecasting and optimization. Problem-based exercises form the core of
effective pedagogical approaches in probability education. By engaging with tasks that require
calculating probabilities, plotting distribution functions, and analyzing data, learners develop
practical competencies that extend beyond theoretical understanding. For discrete random
variables, exercises may include evaluating PMFs for binomial or Poisson distributions,
computing cumulative probabilities, and interpreting results in terms of real-world scenarios. For
continuous variables, tasks often involve integrating PDFs to derive probabilities, using the CDF
for quantile calculations, and modeling continuous phenomena such as waiting times or
measurement errors. These exercises not only reinforce computational skills but also cultivate
critical thinking and model interpretation capabilities. The application of distribution functions
extends to numerous real-world domains. In data analysis, accurate modeling of random
variables underpins hypothesis testing, regression analysis, and predictive analytics. In
engineering, stochastic modeling informs reliability assessments, system optimization, and
quality assurance. In economics and finance, distribution functions are essential for risk
quantification, portfolio optimization, and forecasting uncertain outcomes. By mastering the
properties and applications of random variables and their distribution functions, researchers can
bridge the gap between theoretical probability and actionable insight, enhancing the precision
and reliability of their analyses. Moreover, a systematic approach to exercises emphasizes logical
consistency and methodological rigor. Learners are encouraged to verify calculations, assess
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assumptions, and interpret results within a broader probabilistic framework. This process fosters
not only mathematical accuracy but also an understanding of the limitations and applicability of
different distribution models. By integrating discrete and continuous cases, along with a
thorough treatment of numerical characteristics, the study promotes a holistic perspective,
equipping participants to address complex stochastic challenges effectively.

Conclusion and Recommendations. The analysis of random variables and their distribution
functions demonstrates that structured problem-based exercises are essential for mastering
probabilistic concepts and applying them effectively in real-world scenarios. Through systematic
engagement with discrete and continuous variables, learners gain a clear understanding of
probability mass functions, probability density functions, and cumulative distribution functions,
as well as the key numerical characteristics such as expectation, variance, and standard deviation.
These tools provide a rigorous framework for interpreting uncertainty, comparing distributions,
and predicting outcomes in diverse contexts ranging from scientific research to engineering,
finance, and data analysis. The study highlights that theoretical knowledge alone is insufficient;
practical application and repeated problem solving are crucial for developing statistical reasoning,
critical thinking, and methodological precision. Based on these observations, several
recommendations emerge for both educational practice and applied research. First, instructors
should integrate structured exercises that combine computational tasks with interpretive analysis,
encouraging learners to verify assumptions, assess model fit, and interpret probabilistic results in
practical terms. Second, the inclusion of real-world examples, such as reliability assessments,
risk evaluations, or predictive modeling scenarios, can enhance motivation and contextual
understanding, reinforcing the connection between abstract theory and applied use. Third,
fostering familiarity with both discrete and continuous distribution models ensures flexibility in
addressing varied stochastic problems, allowing researchers and students to select appropriate
methods based on data characteristics and research objectives. Finally, the continuous evaluation
of learning outcomes through problem-solving assessments can identify gaps in comprehension
and support iterative improvement of skills, ensuring that participants not only calculate
probabilities accurately but also interpret them meaningfully. By implementing these
recommendations, educational programs and applied research initiatives can strengthen
analytical competence, enhance decision-making under uncertainty, and promote a deeper,
operational understanding of random variables and their distributions, ultimately advancing both
theoretical knowledge and practical capability in probability and statistics.
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